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Abstract: This article presents the simulation and characterization of an on-shore oscillating water
column (OWC) system as part of a distributed generation network considering the irregular interac-
tion of sea waves. The main issue is the adequate calculation of the power generated considering the
real variations of the sea waves, employing the stochastic analysis of the wave height and period.
The characterization of the wave height was carried out using the Fisher-Tippett Type 1 function,
and for the wave period, an empirical probability density function to obtain the instantaneous and
accumulated power in an annual period. A basic on-shore OWC system was proposed with different
physical dimensions. The theoretical and numerical results present a very similar performance for
both turbines (600 W and 25 kW) analyzed. Regarding the 600 W turbine, the resulting accuracy is
≈94.5%, which implies that the annual generated power is 3.13 ± 1.02 MWh/year and the overall
efficiency is 23.51% ± 1.9%. However, due to the reduced power generated, the chamber dimen-
sions were modified, achieving 160.61 ± 9.99 MWh/year with an accuracy of ≈93.2%, based on an
installed power capacity proposal using a 25 kW turbine. Also, the average overall efficiency for
both turbines considering the irregular wave interaction is ≈23.5% and ≈21.1% for 600 W and 25 kW
turbines, respectively.

Keywords: oscillating water column; irregular wave interaction; distributed generation resource;
power generation

1. Introduction

Nowadays, there are still many technological, social, and political issues that do
not allow achieving the maximum energy generation in a particular region, considering
both conventional and renewable sources, based on the natural and autochthone potential
energy [1]. Thus, in various locations, the energy demand is greater than energy generation,
which causes the necessity of importing energy at greater costs and the optimization
management of the supply of energy, causing scheduled power outages to the electricity
grid in certain regions to optimize consumption. The aforementioned factors also strongly
impact the security energy of these regions [2]. In this way, a potential solution is the use of
an active energy grid (AEG) based on distributed generation resources that considers a wide
energy matrix, i.e., considering the largest number of energy sources, both conventional
and renewable, which is the principal idea of energy democracy. As part of the mentioned
wide energy matrix, it is crucial that each region design and implement integrated energy
systems and microgrids clusters based on their potential energy, whether using renewable
energy such as solar, wind, geothermal, or biomass, among others [3].

In particular, sea energy is a relevant option for certain locations around the world. In
fact, there are many alternatives to obtain energy considering the sea, e.g., marine current
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power, osmotic power, ocean thermal energy, tidal power, and wave power, among other
novel technical options. Regarding the wave power option, it aims to extract the energy
of the waves for its use in the localities. The energy extraction is carried out utilizing
various energy conversion methods, for example, the conversion of mechanical energy into
electrical energy applied in point absorber buoys, surface attenuators, oscillating water
columns (OWC), and overtopping devices, among others. Furthermore, the potential of
ocean energy is quite higher than the global 16,000 TWh/year electricity demand, and
medium- to long-term predictions of global wave energy resources are promising [4,5].

About the oscillating water column (OWC), it is a system proposed for extracting
power from ocean waves based on collector chambers, which take power from the waves
and transfer it to the air within the chambers. Next, a power take-off system is used to
convert the pneumatic power into electricity. Thus, the chamber is the essential element
in any OWC system, because it is where the pressure of the water column is variable
depending on the natural oscillatory movement of the sea waves. Also, OWC systems have
many variants in their design and implementation, for example, they can use multiple
chambers and turbines connected in different ways, which allows the improvement of
conversion efficiency [6,7]. Currently, there are three options for OWC systems, and they
are related to where these systems are implemented, i.e., on-shore OWC (installed directly
on the coast), off-shore OWC (installed more than 500 m from the coast), and near-shore
OWC (installed less than 500 m from the coast). Firstly, an on-shore OWC system is usually
built of solid material (e.g., concrete) resistant to the marine environment and is placed in
shallow water on the coast [8,9]. In the case of the off-shore OWC system, it is a variant
that works basically with the same principle as the on-shore OWC system, but instead of
having a concrete structure, a greatly maneuverable structure is used. Also, due to the place
where it is installed (i.e., off-shore), there are some different requirements in comparison
with the on-shore OWC system, for example, buoyancy requirement, resistance to extreme
salinity, and particular environmental conditions that could damage or render the power
generation system inoperable. Besides, there are several widely used designs such as OWC
Russell Rectifier, OWC mechanical with pumping system, OWC buoys, OWC pendulum,
OWC Frog, OWC Raft, and U-duct, among others [10,11].

As for the possible scenarios that can cause damage to the structure of OWC systems or
inaccuracies in the estimation of power generation, it is the irregular interaction of waves in
on-shore OWC systems [12,13]. In particular, sea waves that are very well-defined in their
temporal and spatial characteristics are regularly considered for the initial design of OWC
systems, and these waves are called monochromatic waves. However, the real dynamics
of the waves are not monochromatic, but rather present dynamic variations in the spatial
and temporal characteristics, and these waves are called polychromatic waves [14,15].
Also, the polychromatic waves cause an irregular wave interaction with the OWC systems
based on the wave spectra defined by significant wave height, peak frequency, and peak
enhancement factor [16,17]. The performance of the OWC systems depends to a great
extent on the resonance condition between the waves and the designed structure, so
the consideration that waves are monochromatic considers a scenario to maximize the
performance of energy generation, but due to the existence of polychromatic waves, this
performance is affected [18,19]. Taking the above into account, the causes and effects of
the irregular wave interaction with OWC systems have been treated in various ways, for
example, considering that the nature of the irregularity of the waves is not modifiable,
multiple characterizations and models for irregular waves have been proposed, based
on Stoke parameters, Pierson-Moskowits spectrum, and JONSWAP spectrum, among
others [20–22]. Also, designs and structures have been proposed for OWC systems to
improve efficiency even with irregular waves, which is achieved through the tunable
chamber and internal air pressure control employing various chambers geometries, as well
as other potential solutions [23–27]. However, there are still many issues that must be solved
to obtain the enhanced real power generation for particular locations around the world. The
principal reason is that the majority of proposals based on the OWC concept that considers
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irregular interaction waves perform certain generalized and difficult considerations, which
means that these considerations cannot be directly applied in wherever location [28,29].

In this paper, the power generation model of an on-shore OWC system considering
real irregular wave interactions based on the probability density function of periods and
height waves is analyzed. This proposal contemplates a distributed generation resource
connected to the active electrical network of the state of Baja California in Mexico. Our
work considers the potential sea energy of the state of Baja California, because it has 1380
km of coastline, corresponding to 740 km on the Pacific Ocean coast and 640 km on the Gulf
of California coast. This means that the state of Baja California is the second place in Mexico
regarding the length of coastline, the first place being the state of Baja California Sur with
2230 km of coastline. Also, the on-shore OWC system proposal is highly suitable because
the Baja California state presents a power deficit of 550 MW [30]. In general, this paper
considers the on-shore OWC proposal location in Ensenada City, Baja California, Mexico.
In particular, the wave data were obtained in the breakwater (with a length of ≈1500 m), at
≈60 m from the natural coastline (see Figure 1). Considering the sea-bed conditions in the
location mentioned, the wave data collected can be considered as near-shore. Also, with
the support of other public and private institutions, we used a pressure sensor installed
in a customized metallic structure on the sea-bed, at a water depth of ≈9.5 m (maximum
operating depth is 10 m, and measurement range pressure from 50 kPa up to 100 kPa).
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2. Mathematical Model
2.1. Linear Model for Sea Waves Based on Fisher-Tippett Type 1 Function

Firstly, it is important to analyze the dynamics of the surface of the waves consider-
ing the linear model for sea waves. Other references describing the irregularities of sea
waves are based on Navier-Stokes equations, but our proposal will consider the stochastic
information of some wave parameters to describe the wave irregularities as an element
of the linear model [31]. The above forms part of the technical contribution of the paper.
Because the sea waves (y) are a natural oscillator, and the oscillation has potential energy,
the proposed system aims to obtain the sea energy and convert it to electrical energy. Thus,
the spatial and temporal representation of the waves is described as follows:

y(x, t) =
H
2

sin(ωt− Kx), (1)
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and the total energy of the wave (Ewave), which is the sum of the kinetic (Ek) and potential
(Ep) energy, is represented as follows:

Ewave = Ep + Ek =
λρsgbsH2

8
, (2)

where H denotes the wave height in meters, ρs is the seawater density (kg/m3), g is the
gravity force, bs is the crest width or wavefront length, ω = 2π f is the angular frequency in
radians per second, K is the wavenumber defined as K = 2π/λ at cycles per unit distance
or radians per unit distance, λ is the wavelength in meters, f is the frequency in Hertz, t
is the time in seconds, and x is the spatial dimension in meters [32,33]. In general, these
parameters are directly related to the wave profile of a given location. Hence, Equation (1)
represents the surface dynamics of a monochromatic linear wave as a function of the wave
parameters. It is essential to clarify that this work considers the OWC system will be
installed in shallow waters that comply with the rule, λ/20 < h < λ/2, where h is the
depth of the sea in meters. Also, this rule allows to determine all corresponding values for
many parameters, which are defined in a different way between shallow and deep waters.
For example, the wave period in shallows waters is T = λ/

√
gh [34].

Now, the term of the irregular wave interaction will be defined, which is related to the
probability density function of the height (H) and periods (T) of the wave. The probability
density function for waves’ height is Fisher-Tippett Type 1 (also called Generalized Extreme
Value Distribution, although Weibull and Rayleigh functions can be used), which is given
by the following equation:

H = f (x|k, µ, σ) =

(
1
σ

)
exp

(
−
(

1 + k
x− µ

σ

)−1/k
)(

1 + k
x− µ

σ

)−1−1/k
, (3)

where the condition that has to be satisfied for Type 1 is:

1 + k
x− µ

σ
> 0 (4)

and µ is the location parameter, σ is the scale parameter, and k is the shape parame-
ter [35–37]. This implies that the on-shore OWC system analyzed considers the irregular
wave interaction based on the probabilistic variation of the height of the waves. Also, the
mean value for the wave height is determined considering the stochastic variable H and
the Fisher-Tippett Type 1 function. Regarding the irregular behavior of the wave period, it
was also characterized by means of an empirical probability density function.

2.2. Chamber Model

Next, the capture chamber model is described. In particular, the volume of water in m3

(Vw(t)) in the chamber has to be calculated based on the complete volumetric dimension
of the chamber in m3 (Vc) to obtain the volume of air in m3 (Va(t)) that is expelled and
introduced to the chamber, as follows (see Figure 2) [38]:

Va(t) = Vc −Vw(t). (5)

Also, it is important to clarify that the value of Vc remains constant and is related to
the dimensions of the necessary fixed maritime infrastructure, while the values of Vw(t)
and Va(t) are variant- and time-dependent as a function of the temporal dynamics of the
waves. After performing a two-dimensional integration of y(x, t) considering a chamber
with a regular geometry, that is, either a square or a rectangle, Va(t) is calculated as follows:

Va(t) = Vc +
aH
k

sin
(

kb
2

)
sin(ωt), (6)
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where, a is the width and b denotes the length of the chamber, both in meters. Once
the volume of air in the chamber, Va(t), has been obtained, it is necessary to determine
the expression that represents the instantaneous airflow (Qa(t)), in m3 per second, that
considers the expulsion and entry of air into the chamber [39]:

Qa(t) = aHλ f sin
(

kb
2

)
cos(ωt). (7)

In this way, it is now necessary to determine the axial airflow speed of the turbine
(υt(t)) in meters per second in a specific section of the chamber with a particular area (A)
(m2) of the duct where the turbine is, so that, υt(t) = Qa(t)/A. Furthermore, it is important
to calculate the kinetic energy (E) of the wind mass inside the chamber, as follows:

E(t) =
1
2

mυt(t) (8)

where m is the air mass (kg) that enters and leaves the chamber. Considering wind energy,
the wind power is calculated, utilizing the following equation [40]:

Pin(t) =
1
2

ρA(υt(t))
3 + Apr(t)υt(t) (9)

where ρ is the air density (kg/m3), A is the area of the passage—duct section (m2), and
pr(t) is the pressure in the turbine duct in Pascals (Pa).
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2.3. Wind Turbine Model

Then, the power that the rotor (PR) extracts from the wind power (Pin) is calculated:

PR(t) = ηtηm

[
1
2

ρA(υt(t))
3 + Apr(t)υt(t)

]
(10)

Then, the wind turbine power (PAG) is calculated as follows:

PAG(t) = ηtηmηe

[
1
2

ρA(υt(t))
3 + Apr(t)υt(t)

]
(11)

where CP = ηtηmηe. In particular, CP is the overall power coefficient and it is dimensionless,
and ηt, ηm, and ηe represent the turbine, mechanical, and electrical efficiencies, respectively.
Taking into account the aforementioned, now it is necessary to obtain the real power
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generation considering the wind speed and the technical characteristics of the wind turbine
and electrical generator used for different cases related to the speed rate [41]:

PAG(υt|H, T) =


0, vt< vc or vt >v f

Pr

(
v2

t−v2
c

v2
r−v2

c

)
, vc ≤ vt ≤ vr

Pr, vr ≤ vt ≤ v f

(12)

where PAG(υt) is the real turbine power related to the rate turbine power, and vc, v f , and vr
are the cut-in wind speed, cut-off wind speed, and rated wind speed, respectively. Thus, the
real power generation of the on-shore OWC systems considering the irregular interactions
of the wave’s height and period can be calculated. Now, the overall efficiency, ηOWC(H, T),
of the system will be determined, which relates the value of PAG(υt|H, T) to the potential
energy of the waves in a given location. The overall efficiency is calculated as follows:

ηOWC(H, T) =
16π PAG(υt|H, T)

ρg2H2T2 (13)

As shown in Equation (13), the wave height and period are parameters that signifi-
cantly affect the efficiency, although all the other parameters that have been mentioned in
this section affect the overall efficiency in some way, e.g., ηt, ηm, and ηe, among others.

3. Results and Discussion
3.1. Stochastic Information of Wave Height and Period

In order to find the value of power generation considering the irregular interaction
waves, firstly, the wave heights’ characterization in a locality was carried out to determine
the probability density function. Figure 3 shows the wave heights data collected (i.e.,
experimental results) and the corresponding probability density function, which is Fisher-
Tippett Type 1 with µ = 0.7 and σ = 0.2. As shown, the height wave parameter presents a
mean value of 0.7 m with a probability of ≈22%. Besides, the minimum and maximum
wave height values with a significant probability are ≈0.40 and ≈1.75 m respectively,
although there are extremely unlikely values for the winter and summer season, ≈2.4 and
≈0.25 m, respectively.

Electronics 2021, 10, x FOR PEER REVIEW 6 of 14 
 

 

𝑃ீ(𝜐௧|𝐻, 𝑇) = ⎩⎪⎨
⎪⎧      0,         𝑣௧ < 𝑣 𝑜𝑟 𝑣௧ > 𝑣 𝑃 ቆ𝑣௧ଶ − 𝑣ଶ𝑣ଶ − 𝑣ଶቇ , 𝑣 ≤ 𝑣௧ ≤ 𝑣  𝑃,         𝑣 ≤ 𝑣௧ ≤ 𝑣

 (12) 

where 𝑃ீ(𝜐௧) is the real turbine power related to the rate turbine power, and 𝑣, 𝑣, and 𝑣  are the cut-in wind speed, cut-off wind speed, and rated wind speed, respectively. 
Thus, the real power generation of the on-shore OWC systems considering the irregular 
interactions of the wave’s height and period can be calculated. Now, the overall efficiency, 𝜂ைௐ(𝐻, 𝑇), of the system will be determined, which relates the value of 𝑃ீ(𝜐௧|𝐻, 𝑇) to 
the potential energy of the waves in a given location. The overall efficiency is calculated 
as follows: 𝜂ைௐ(𝐻, 𝑇) = 16𝜋 𝑃ீ(𝜐௧|𝐻, 𝑇)𝜌𝑔ଶ𝐻ଶ𝑇ଶ  (13) 

As shown in Equation (13), the wave height and period are parameters that signifi-
cantly affect the efficiency, although all the other parameters that have been mentioned in 
this section affect the overall efficiency in some way, e.g., 𝜂௧, 𝜂, and 𝜂, among others. 

3. Results and Discussion 
3.1. Stochastic Information of Wave Height and Period 

In order to find the value of power generation considering the irregular interaction 
waves, firstly, the wave heights’ characterization in a locality was carried out to determine 
the probability density function. Figure 3 shows the wave heights data collected (i.e., ex-
perimental results) and the corresponding probability density function, which is Fisher-
Tippett Type 1 with 𝜇 = 0.7 and 𝜎 = 0.2. As shown, the height wave parameter presents 
a mean value of 0.7 m with a probability of ≈22%. Besides, the minimum and maximum 
wave height values with a significant probability are ≈0.40 and ≈1.75 m respectively, alt-
hough there are extremely unlikely values for the winter and summer season, ≈2.4 and 
≈0.25 m, respectively. 

 
Figure 3. Irregular height wave interactions at the front wall of the chamber. The values for the 
Fisher-Tippett Type 1 are  𝜇 = 0.7 and 𝜎 = 0.2. 

Also, the characterization of the wave period was performed, obtaining an empirical 
probability density function, as shown in Figure 4. In particular, the irregular behavior of 
the wave period, from a stochastic point of view, describes that the periods of 4 and 14 s 
are the most likely, ≈10.49% and ≈13.91% respectively, while the periods of 1 and 18 s are 

Figure 3. Irregular height wave interactions at the front wall of the chamber. The values for the
Fisher-Tippett Type 1 are µ = 0.7 and σ = 0.2.

Also, the characterization of the wave period was performed, obtaining an empirical
probability density function, as shown in Figure 4. In particular, the irregular behavior
of the wave period, from a stochastic point of view, describes that the periods of 4 and
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14 s are the most likely, ≈10.49% and ≈13.91% respectively, while the periods of 1 and
18 s are the least likely, ≈0.51% and ≈0.53%, respectively. An important aspect is that the
periods of 7 and 11 s are almost the same probability, ≈6%. Furthermore, the empirical
probability density function has several levels with almost the same probability, which
is very different in comparison to the conventional probability density functions. Now,
considering the stochastic analysis presented, the mean values of the height (H) and
period (T) waves considering the Fisher-Tippett Type 1 and empirical probability density
functions are 0.7 m and 10.043 s, respectively. The above will be used as the mean values
that represent the irregular interaction of the waves considering the entire analysis period,
i.e., the mean values remain constant in an annual period. However, final results will also
be provided considering the complete information of both probability density functions to
make comparisons between the power generation of the on-shore OWC system proposal
and the nearest distributed generation circuit (based on solar energy) already installed near
the shore. In order to clarify, the results showed in Figures 3 and 4 make the assumption
that incident water waves are polychromatic and unidirectional. Any other assumption
(e.g., monochromatic unidirectional, monochromatic directional, among others) could
modify the probability density functions of the wave height and period [15].
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3.2. Performance of the OWC System Based on the Stochastic Information of Irregular
Wave Interactions

Next, theoretical and numerical results are presented, where it is important to clarify
that the theoretical results comply with the mathematical background and have high
precision, while the numerical results present some uncertainty because they consider
the information from the probability density functions shown. To obtain theoretical and
numerical results based on the probability density functions related to the wave height
and period, the dimension of the chamber was defined (a = 5 m and b = 3 m), as well as
the depth of the sea (h = 3 m) where the chamber should be installed. Also, the efficiencies
were considered as, ηt = 0.7, ηe = 0.93, and ηm = 0.9. In order to clarify, the theoretical
results are directly related to the aforementioned mathematical background and the closed-
form mathematical solution, and the numerical results are highly related to the data
generated based on the probability density functions, i.e., both Fisher-Tippett Type 1 and
empirical functions.

Considering the mathematical background explained in Section 2, the numerical
results of the OWC system proposal are calculated to determine the power capacity genera-
tion as a distributed generation resource. Figure 5 shows the comparison of the theoretical
and numerical results of the airflow speed, υt(t), based on Equation (7). In particular, due
to the behavior of the Wells turbine used, the airflow enters and leaves the chamber, which
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is represented for the negative (−) and positive (+) signs of the airflow speed parameters,
respectively. In fact, bidirectional airflow is the main factor of the Wells turbine efficiency
compared with other turbine kinds. Furthermore, the airflow direction modification is
related to the behavior of the oscillating water column into the chamber. The maximum
airflow speed is ≈20 m/s for both airflow directions. Also, the theoretical and numerical
results are close. Moreover, the numerical maximum airflow speed is υt(t) ≈ ±19.5 m/s,
with a variance of 0.1 m/s. Figure 5 shows that in the regions where the airflow speed is
maximum, there are the greatest variations between the theoretical and numerical results,
i.e., low-accuracy regions. Whereas in regions where airflow speed is low, a high-accuracy
airflow speed occurs for both airflow directions.

Figure 5. Airflow speed results.

Afterward, the wind power considering Equation (9) was obtained as shown in
Figure 6. The maximum theoretical wind power is ≈700 W, even considering both airflow
directions, while the numerical results show that the wind power is close to the theoretical
results. In particular, the wind power numerical results present important variations
based on the irregular wave height and period. The results shown in Figures 5 and 6
allow to choose the optimal turbine that meets the requirements of airflow speed and
wind power, and thus obtain the real output power of the on-shore OWC system as a
first estimation to the overall distributed generation system and to validate the theoretical
and numerical results. In this way, a turbine with a power rate of 600 W is used, output
voltage 48 VAC ± 0.5%, vc = 2.5 m/s, v f = 45 m/s, and vr = 11 m/s.

Figure 7 shows the electrical power generated considering all the parameters related to
Equations (11) and (12). As seen in the theoretical results, the maximum generation power
reached is 600 W, while the minimum power is 0 W. The latter is because the electrical
generator inertia constant is not considered, that is, considering the inertia constant, the
minimum value of power generated should be greater than 0 W because the turbine rotor
would never stop, considering a permanent airflow. Then, considering the cases presented
by Equation (12), there are power values in the non-rated region of the turbine, i.e., power
values less than 600 W and greater than 0 W, which implies a non-linear performance.

Finally, Figure 8 shows the performance of the proposed on-shore OWC system con-
sidering the irregular height and period parameters of sea waves during an annual period.
In particular, because the proposal only considers a single chamber, the theoretical average
power is ≈0.407 kW, while the numerical result is ≈0.432 kW, while the theoretical and
numerical daily power is ≈9.77 and ≈10.36 kWh/day, respectively. Similarly, the annual
theoretical and numerical generated power are ≈3519.62 kWh/year (≈3.51 MWh/year)
and 3732.58 kWh/year (3.73 MWh/year), respectively. Furthermore, the theoretical and
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numerical results show an error margin regarding the power generated for each month of e
≈6% and a cumulative annual error of ∑ e = 68.1%.

Figure 6. Wind power results.

Figure 7. Power output results.

Until now, the results presented only consider a single-chamber on-shore OWC pro-
posal and the mean values of wave height and period based on the probability density
functions mentioned. However, it is considered that the chamber dimension is reduced,
so the power generated is also minimal. For example, for the dimensions of the men-
tioned chamber, the average power is 0.432 ± 0.15 W, while the daily power generation is
9.77 ± 0.25 kWh/day, and the annual power generation is 3.73 ± 0.12 MWh/year. Even
with the annual power generation rate, the power of the on-shore OWC systems is minimal
to be considered as a distributed generation resource with a significant penetration factor.
To increase the power generation rate, and thus increase the impact on the active regional
energy grid, the dimensions of the single chamber were modified, and the performance
related to power generation was analyzed, as shown in Table 1. The maximum dimen-
sion of the single chamber is a = 20 m and b = 3 m, which implies a maximum airflow
speed of 65 ± 4.22 m/s, an average power of 26.55 ± 2.45 kW, a daily generated power
of 557.55 ± 6.53 kWh/day, and a power generated annually of 167.26 ± 8.72 MWh/year.
To clarify, for the maximum physical dimension, i.e., a = 20 m and b = 3 m, a 25 kW
power rated turbine is considered (29.8 kW peak power), 220/380 VAC, which presents the
following technical values, vc = 3.0 m/s, v f = 25 m/s, vr = 11 m/s, and a survival wind
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speed of 52.5 m/s, which means that the maximum airflow speed of 65 ± 4.22 m/s has to
be regulated.
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Table 1. Numerical results of the power generated for different chamber dimensions considering the
mean values of wave height and period.

a b υt(t) kW kWh/day MWh/year

5 3 20 ± 0.25 0.432 ± 0.015 9.77 ± 0.25 3.73 ± 0.12
10 3 39 ± 1.10 3.11 ± 0.71 68.21 ± 2.83 25.91 ± 3.13
15 3 58 ± 3.52 14.40 ± 1.25 316.12 ± 5.71 110.65 ± 6.02
20 3 65 ± 4.22 26.55 ± 2.45 557.55 ± 6.53 167.26 ± 8.72

Considering the irregular interaction of the waves under the same analysis conditions
of the proposed on-shore OWC system, the generated power performance is calculated
taking into account that the height and period of the waves are independent stochastic pro-
cesses. Table 2 shows the numerical results of the power generated considering the complete
stochastic information of H and T parameters. In particular, the power generated annually
of the on-shore OWC system that uses the smallest chamber is 3.13 ± 1.02 MWh/year,
while the power generated by the on-shore OWC system that uses the largest chamber
is 160.61 ± 9.99 MWh/year. This implies that, in comparison with the results shown in
Table 1, which considered the mean values of the wave height and period, the power
generated annually is slightly lower, and the variability is greater. The main reason for
the performance mentioned is the stochastic variation of the wave heights and periods
associated with the particular probabilities, e.g., extremely large and small wave heights
are unlikely, and therefore affect the average annual power generation.

Table 2. Numerical results of the power generated for different chamber dimensions considering the
probability density function of wave height and period.

a b υt(t) kW kWh/day MWh/year

5 3 18 ± 2.25 0.470 ± 0.068 8.70 ± 2.95 3.13 ± 1.02
10 3 37 ± 3.10 3.01 ± 0.98 65.32 ± 4.13 23.19 ± 4.12
15 3 56 ± 4.51 13.20 ± 2.45 310.21 ± 6.12 108.13 ± 6.52
20 3 61 ± 8.22 24.66 ± 4.11 547.51 ± 7.12 160.61 ± 9.99

Then, the overall efficiency of the on-shore OWC systems was calculated considering
all the cases related to the change in the physical dimensions and the irregular interaction
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of the wave heights and periods, i.e., the overall efficiency was determined considering
the mean values of wave height and period (ηOWC

(
H, T

)
), as well as the overall efficiency,

taking into account the complete behavior of the heights and period of the waves according
to the characteristic probability density functions that describe each variable mentioned
(ηOWC(H, T)). Table 3 shows the numerical results of the overall efficiency for both turbines
used. Regarding the 600 W turbine, the efficiency considering the mean value of wave
height and period is≈25%, with variations of up to±1.51% for all used physical dimensions
of the chamber, while the overall efficiency, ηOWC(H, T), presents a reduction of up to
3.1%, with an increase in variability of up to ±2.85%. Concerning the 25 kW turbine,
the overall efficiency is slightly reduced and the variability is increased. For example,
for the bigger chamber (a = 20 m and b = 3 m), ηOWC

(
H, T

)
= 21% ± 2.82%, while the

ηOWC(H, T) = 20.69% ± 3.12%.

Table 3. Overall efficiency.

a b
600 W Turbine 25 kW Turbine

ηOWC
(

H, T
)
% ηOWC(H, T)% ηOWC

(
H, T

)
% ηOWC(H, T)%

5 3 25.12 ± 1.12 23.51 ± 1.9 23.21 ± 1.52 22.53 ± 2.92
10 3 24.84 ± 1.51 24.14 ± 2.72 22.82 ± 2.11 22.11 ± 3.12
15 3 24.33 ± 0.95 22.31 ± 1.99 22.01 ± 2.51 21.18 ± 3.50
20 3 24 ± 1.22 21.56 ± 2.85 21 ± 2.82 20.69 ± 3.12

Regarding the nearest distributed generation circuit (see Figure 9) already installed
near the shore, the voltage level is 13.8 kV, recommended power capacity is 1890 kW, but the
installed power is 121 kW, and the limit power capacity circuit is 4000 kW. Considering the
aforementioned results, mainly related to the 25 kW turbine, the on-shore OWC proposal
would increase the installed power up to 146 kW. Furthermore, based on recommended
power capacity, the implementation of multiple on-shore OWC systems is highly suitable.
Also, increasing the physical dimension of the single-chamber on-shore OWC proposal
is possible.
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4. Conclusions

As an outcome, the impact of the irregular interaction of the sea waves has been
calculated and determined, associated to the stochastic processes related to the height and
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period of the waves as the main random variables to determine the total power generated
by an on-shore OWC system proposed for the state of Baja California in México. The wave
height and period parameters were characterized using the Fisher-Tippett Type 1 and
empirical probability density functions, respectively. Likewise, an analysis regarding the
impact of the changes in the physical dimensions of the chamber was carried out, obtaining
the annual power generation, as well as the overall efficiency for all physical dimensions for
both turbines, 600 W and 25 kW. In general, it was found that the theoretical and numerical
results are highly similar, and therefore they can be used as part of the design to improve
the active electrical grid of the state of Baja California. Nonetheless, it is considered that
the inertia constant of the electric generator should be added to the model to improve the
precision of the results. Based on the characterization of wave height and period for the
particular location, if the wave height and period are 2 m and 7 s respectively, the potential
power generated can achieve up to 70 kW considering the minimum physical dimension
of a single chamber (a = 5 m and b = 3 m). Finally, it is important to clarify that dynamic
additional loads (e.g., tension loads, pressure variations, wave loads on bottom-sitting,
and superficial wave loads, among others) that can negatively limit the service life of the
on-shore OWC proposal are not considered in this paper. Also, the determination of the
joint probability density function that relates both the height and period waves could help
to enhance sea state description and improve the power generation prediction.
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